
























































Combined stresses:  

The circle used in the preceding section to derive some of the basic formulas relating to the 

transformation of plane stress was first introduced by the German engineer Otto Mohr (1835–

1918) and is known as Mohr’s circle for plane stress. This method is based on simple geometric 

considerations and does not require the use of specialized formulas. While originally designed 

for graphical solutions. 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 



 

 

Example1: For the state of plane stress already considered as 

shown in figure, (a) Construct Mohr’s circle, (b) Determine the 

principal stresses, (c) Determine the maximum shearing stress and 

the corresponding normal stress. 

 

Solution:  

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 



Example2: single horizontal force P of magnitude 150 lb 

is applied to end D of lever ABD. Knowing that portion 

AB of the lever has a diameter of 1.2 in., determine (a) 

the normal and shearing stresses on an element located at 

point H and having sides parallel to the x and y axes, (b) 

the principal planes and the principal stresses at point H. 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

  



Example3: A stress element has σx = 80 MPa and τxy = 50 MPa 

cw, as shown in Figure. Using Mohr’s circle, find the principal 

stresses and directions, and show these on a stress element 

correctly aligned with respect to the xy coordinates. Draw another 

stress element to show τ1 and τ2, find the corresponding normal 

stresses, and label the drawing completely. 

 

Solution:   



 

H.w:  

1. Determine the principal stress developed at point A on 

the cross section of the beam at section a–a. 

 

 

 

 

2. Determine the maximum in-plane shear stress developed 

at point A on the cross section of the beam at section a–a, 

which is located just to the left of the 60-kN force. Point A 

is just below the flange.  

 

 

 

 

 

 

3. Determine the equivalent state of stress if an element is oriented 

25° counterclockwise from the element shown.  

 

 

 

 

4.  Determine the principal stress, the maximum in-plane shear 

stress, and average normal stress. Specify the orientation of the 

element in each case.  



 

2-1. Failure Theories 

 

Unfortunately, there is no universal theory of failure for the general 

case of material properties and stress state. Instead, over the years 

several hypotheses have been formulated and tested, leading to 

today’s accepted practices. Being accepted, we will characterize 

these “practices” as theories as most designers do. 

Structural metal behavior is typically classified as being 

ductile or brittle, although under special situations, a material 

normally considered ductile can fail in a brittle manner. Ductile 

materials are normally classified such that εf ≥ 0.05 and have an 

identifiable yield strength that is often the same in compression as in 

tension (Syt = Syc = Sy). Brittle materials, εf < 0.05, do not exhibit an 

identifiable yield strength, and are typically classified by ultimate 

tensile and compressive strengths, Sut and Suc, respectively (where Suc 

is given as a positive quantity). The generally accepted theories are: 

 

Ductile materials (yield criteria) 

• Maximum shear stress (MSS) 
• Distortion energy (DE) 
• Ductile Coulomb-Mohr (DCM) 

 

Brittle materials (fracture criteria) 

• Maximum normal stress (MNS) 
• Brittle Coulomb-Mohr (BCM) 
• Modified Mohr (MM) 

 
 

2-2. Maximum-Shear-Stress Theory for Ductile Materials (MSS) 

 

The maximum-shear-stress theory predicts that yielding begins 

whenever the maximum shear stress in any element equals or 

exceeds the maximum shear stress in a tension-test specimen of the 

same material when that specimen begins to yield. 

 

The maximum-shear-stress theory predicts yielding when 
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Where Sy is the yielding stress, and n is the factor of safety. 

Note that this implies that the yield strength in shear is given by 

 

Ssy = 0.5Sy 

 

 
 

 

The MSS theory is also referred to as the Tresca or Guest theory. It 

is an acceptable theory but conservative predictor of failure; and 

since engineers are conservative by nature, it is quite often used. 

 
 

2-3. Distortion-Energy Theory for Ductile Materials (DE) 

 

The distortion-energy theory predicts that yielding occurs when the 

distortion strain energy per unit volume reaches or exceeds the 

distortion strain energy per unit volume for yield in simple tension or 

compression of the same material. 

 

The distortion-energy theory is also called: 

• The von Mises or von Mises–Hencky theory 
• The shear-energy theory 
• The octahedral-shear-stress theory 

 
 

The distortion-energy theory predicts yielding when 
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where σ′ is usually called the von Mises stress, named after Dr. R. 

von Mises, who contributed to the theory; and 

 
 

 
 

 

The shear yield strength predicted by the distortion-energy theory is 
 

Ssy = 0.577Sy  



 
 

EXAMPLE 2-1 

 

A hot-rolled steel has a yield strength of Syt = Syc = 100 kpsi and a 

true strain at fracture of εf = 0.55. Estimate the factor of safety for 

the following principal stress states: 

 

(a) 70, 70, 0 Mpa 

(b) 30, 70, 0 Mpa. 

(c) 0, 70, −30 Mpa. 

(d) 0, −30, −70 Mpa. 

(e) 30, 30, 30 Mpa. 

 

Solution 

 
 

 

 

2-4. Coulomb-Mohr Theory for Ductile Materials (DCM) 

 

A variation of Mohr’s theory, called the Coulomb-Mohr theory or 

the internal-friction theory. 

Not all materials have compressive strengths equal to their 

corresponding tensile values. For example, the yield strength of 

magnesium alloys in compression may be as little as 50 percent of 

their yield strength in tension. The ultimate strength of gray cast 

irons in compression varies from 3 to 4 times greater than the 

ultimate tensile strength. So, this theory can be used to predict 

failure for materials whose strengths in tension and compression are 

not equal; this is can be expressed as a design equation with a factor 

of safety, n, as 

  

 

where either yield strength or ultimate strength can be used. 

The torsional yield strength occurs when τmax = Ssy ; then 
 

 

 

 



EXAMPLE 2-2 

 

A 25-mm-diameter shaft is statically torqued to 230 N·m. It is made 

of cast 195-T6 aluminum,  with  a  yield  strength  in  tension  of  

160 MPa and a yield strength in compression of 170 MPa. It is 

machined to final diameter. Estimate the factor of safety of the shaft. 

 

Solution 

The maximum shear stress is given by 

  

The two nonzero principal stresses are 75 and −75 MPa, making the 

ordered principal stresses σ1 = 75, σ2 = 0, and σ3 = −75 MPa. From 

Eq. (2–6), for yield, 

Alternatively, from Eq. (2–7), 
 

and τmax = 75 MPa. Thus, 

 

 
 
 

2-5. Maximum-Normal-Stress Theory for Brittle Materials 

(MNS) 

The maximum-normal-stress (MNS) theory states that failure occurs 

whenever one of the three principal stresses equals or exceeds the 

strength. Again we arrange the principal stresses for a general 

stress state in the ordered form σ1 ≥ σ2 ≥ σ3. This theory then 

predicts that failure occurs whenever 

  

where Sut and Suc are the ultimate tensile and compressive strengths, 

respectively, given as positive quantities. 

 

 

 



2-6. Modifications of the Mohr Theory for Brittle Materials 

 

We will discuss two modifications of the Mohr theory for brittle 

materials: the Brittle- Coulomb-Mohr (BCM) theory and the 

modified Mohr (MM) theory. The equations provided for the 

theories will be restricted to plane stress and be of the design type 

incorporating the factor of safety. 

 

Brittle-Coulomb-Mohr (BCM) 
 

 

 

 

 

 

 

 

 

Modified Mohr (MM) 

 

 

 
 

 
 

 

 

 

 

 

 

EXAMPLE 2-4 

 

Consider the wrench in Ex. (2–3), Fig. (2–1), as made of cast iron, 

machined to dimension. The force F required to fracture this part can 

be regarded as the strength of the component part. If the material is 

cast iron, the tensile ultimate strength is 31 kpsi and the compressive 

ultimate strength is 109 kpsi, find the force F with 

(a) Coulomb-Mohr failure model (b) Modified Mohr failure model. 
 
 



 
 

2-7. Selection of Failure Criteria 

 

For ductile behavior the preferred criterion is the distortion-energy 

theory, although some designers also apply the maximum-shear- 

stress theory because of its simplicity and conservative nature. In the 

rare case when Syt ≠ Syc , the ductile Coulomb-Mohr method is 

employed. 

For brittle behavior, the original Mohr hypothesis, constructed 

with  tensile,  compression,  and  torsion tests,  with a curved  failure 

locus  is  the  best  hypothesis  we  have.  However,  the  difficulty of 

applying it without a computer leads engineers to choose 

modifications, namely, Coulomb Mohr, or modified Mohr. Figure 

(2–2) provides a summary flowchart for the selection of an effective 

procedure for analyzing or predicting failures from static loading for 

brittle or ductile behavior. 
 

 

 
 

 

Figure (2-2) 

Failure theory selection flowchart. 
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(1) The cantilevered bar shown in the figure is made of AISI 
1006 cold-drawn steel with (Sy = 280 MPa) and is loaded by 
the forces     F = 0.55 kN, P = 8 kN, and T = 30 N·m. Compute 
the factor of safety, based upon the distortion-energy 
theory, for stress elements at A. (Ans./ n = 2.77) 

 


